Our previous investigation had established 4.2 kGy to be the appropriate dosage of gamma irradiation for removal of obnoxious rancid-acid-odor of virgin coconut oil (VCO) on the basis of sensory and electronic nose (e nose) studies. This study endeavored to revalidate the sensory data employing fuzzy logic analysis. An equation has been developed for the first time for deriving defuzzified scores, when the sum of the first and third coordinates of the triplet (a b c) of overall sensory score was greater than 100, i.e. (a + c) > 100. This study reaffirmed 4.2 kGy to be the most preferred dose for deodorization of VCO. Besides, ranking of the VCO samples were similar by either approach.
Method details
Background Presently, quantification of food quality is being addressed in food research and business practices [1] . Consequently, data are essential to describe food qualities for product development, quality control and process control. Statistical techniques for sensory tests are routinely in use and are under continuous advancement. The data for statistical analysis are in linguistic expressions which must be converted by cumbersome processes to numerical values. This is circumvented by use of fuzzy logic theory, a mathematical technique which can directly quantify human linguistic expression and therefore enables quantification of primary and imprecise data obtained from sensory tests. This logical approach comprises of mainly three steps: i) an appropriate definition of how good a certain quality parameter level is, ii) a sound way to combine several quality parameters and iii) a way to express the overall quality based on all these individual parameters, considering their individual relative importance [2, 5] .
Studies from our previous investigation [3] have established 4.2 kGy to be the appropriate dosage of gamma irradiation for removal of obnoxious rancid-acid-odor of virgin coconut oil (VCO). This dosage was confirmed by sensory evaluation of irradiated oil samples and their odor profile analyses by e-nose. This study endeavors to establish concurrence of data obtained from e-nose analysis (of deodorized VCO conducted at a regular interval of seven days by thirty semi-trained panelists for a storage period of 40 days) and fuzzy logic analysis of sensory scores. The main objective of the current study was to develop an equation for deriving defuzzified scores when the sum of the first and third coordinates of the triplet (a b c) of overall sensory score (SO) is greater than 100, i.e. (a + c) > 100. The secondary objective of this work was to validate the new developed equation using the data obtained from similarity value and electronic nose(e-nose) analyses.
Procurement of raw material
A gift sample of a leading brand of expeller pressed Virgin coconut oil (VCO) (obtained from coconut copra of West coast tall variety coconuts) with no added antioxidant and preservative was used in this study, in accordance with our previous study [3] .
Preparation of sample for irradiation
Thirty LDPE co-polymer screw capped bottles (500 mL) were sterilized under UV light in a laminar hood. Each bottle was filled with 500 mL VCO and was numbered serially. The bottled oil samples were then irradiated in a Co-60 g irradiation chamber [(GC 5000; Serial No. GIC 038); source: Cobalt 60 solid (dose rate: 5.201 kGy h À1 )] of BRIT, Mumbai in the National Instrument Laboratory (NIL) campus of Jadavpur University at 23 AE 2 C at the pre-selected dose levels of 0.0 kGy (control set, IVCO 1), 4.0 kGy (IVCO 2), 4.2 kGy (IVCO 3), 4.5 kGy (IVCO 4) and 5.0 kGy (IVCO 5), in accordance with the procedure reported by [3] . Post irradiation, all samples were stored at room temperature (23 AE 2 C) in these airtight LDPE co-polymer screw capped bottles for 40 days. Sensory evaluation was conducted for the irradiated oil samples at an interval of seven days for a total period of forty days in accordance with our previous report [3] .
Sensory evaluation of irradiated coconut oil samples
Sensory evaluation of the above irradiated coconut oil samples were conducted inside a university classroom at 24 AE 1 C in bright light. The panel for sensory evaluation consisted of 30 members (in the age group of 21-45 years) including trained students and few semi-trained staff of the Department of Food Technology and Biochemical Engineering, Jadavpur University, Kolkata, India. The 30-member panel was sufficient for our analysis since fuzzy logic reportedly minimizes all the biasing effect, generated due to different consumers' perception [5] . Panelists evaluated the samples in terms of aroma, color, homogeneity and flowability using the standard 5-point hedonic scale (1-5) [1 = not satisfactory, 2 = fair, 3 = medium, 4 = good, 5 = excellent]. During testing, the panelists were monitored by the authors. The panelists were served with coffee beans (for smelling) in between to enable them to correctly differentiate the aroma among the irradiated oil samples. The order of the samples served was same for all the panelists in a particular session, but varied between two sessions. Panelists were asked to provide numerical score against each sensory attribute of each sample and also give their preference against each quality attribute (aroma, color, homogeneity and flowability), following respective scale factors [not at all important (NI), somewhat important (SI), important (I), highly important (HI), extremely important (EI)] for each sample, relative to the entire sample set. The main steps of fuzzy modeling of sensory evaluation are: (1) calculation of triplet (S) corresponding to different quality attributes (aroma, color, homogeneity and flowability); (2) relative weightage (Q REL ) of particular quality attributes (aroma, color, homogeneity and flowability), (3) overall sensory score (SO); (4) calculation of defuzzified score (Y a ) while (a + c) < 100 and (Y a) when (a + c) > 100 and (5) ranking of quality attributes and grading of samples [5] .
Triangular fuzzy number (TFN) and fuzzy arithmetic operations
Triangular membership function distribution pattern of sensory scale is shown in Fig. 1 . This represents a 5-point sensory scale viz., poor/not at all important, fair/somewhat important, good/ important, very good/highly important and excellent/extremely important. The triplet (a, b, c) associated with sensory scale is a triangular fuzzy number. Here, 'a' (first number of triplets) is called the mean value of the fuzzy number and it denotes the coordinate of abscissa at which the value of membership function is 1. The second and third numbers of the triplets 'b' and 'c' are called the left and right spreads respectively, whose membership functions are 0 [6] . 
Triplets for sensory scores of irradiated oil samples and overall quality of samples
Triplets corresponding to specific quality attributes such as aroma, color, homogeneity and flowability were derived from the sum of sensory scores (Table 1 ) and the triplets associated with sensory scale and total number of panelists. For example, for IVCO 1 (0.0 kGy) on day 0: out of 30 panelists, 18 panelists agreed on a 'not significant' score, while 12 panelists provided the score 'fair' against the sensory attribute aroma (Table 1) . Therefore, the triplets of the sensory scores for aroma of Table 1 Panelists' preference for specific quality attributes of irradiated coconut oil samples and corresponding triplets.
Sensory quality attributes of irradiated coconut oil samples

Days
Not satisfactory IVCO 1 (S1A) can be obtained as follows:
Similar values for other quality attributes of all samples (during the entire storage period) were obtained using the aforesaid equation (Eq. (1)). Relative weightage (Q REL ) for all sensory attributes (aroma, color, homogeneity and flowability) were calculated by dividing the triplets of each quality attribute with Q SUM as has been described by Das [2] ( Table 2 ). The triplets of overall sensory scores of all irradiated oil samples for each quality attribute were evaluated using Eq. (2). For example, the overall sensory score of IVCO 1 at day 0 (i.e., SO1 0 ) (Table 4 ) would be obtained as follows: SO1 0 = S1A 0 QA REL È S1C 0 QC REL È S1H 0 QH REL È S1F 0 QF REL (2) where, S1A 0 , S1C 0 , S1H 0 and S1F 0 represent the triplets corresponding to aroma, color, homogeneity and flowability of IVCO 1 at day 0, respectively. QA REL , QC REL , QH REL and QF REL signify the triplets corresponding to relative weightages of aroma, color, homogeneity and flowability, of irradiated oil samples, respectively. In this way, the overall sensory scores for all samples (during storage period) were calculated. Triplets (a, b, c) representing the overall sensory score (SO) was denoted by triangle XYZ (Fig. 3a  and b ). When the value of (a + c) 100, the triangle XYZ lies within the sensory scale interval [0,100]. This is represented by Fig. 3(a) . Under this condition, the value of Y a in terms of a, b and c can be expressed by Eq. (3) [7] , where Y a is the centroid as well as the defuzzified score of triangle XYZ (Fig. 3a) .
However, under the second condition, i.e. (a + c) > 100, polygon XYMN has to be considered instead of triangle XYZ, to maintain the standard sensory scale in the range 0-100 ( Fig. 3b ). This necessitated development of a new equation for deriving the defuzzified score of a sample when (a + c) > 100.
Development of new equation for obtaining defuzzified scores
Eq. (3) was not considered for finding the value of defuzzified scores of polygon XYMN [condition: (a + c) > 100]. It is well known that the centroid of the polygon represents the defuzzified score of the same. Here, centroid of polygon XYMN was derived using Eq. (4) which represents centroid of a polygon in general.
As per Fig. 3(b) , Eq. (4) can be written in the following way:
where,
It therefore follows that
Here, Y a and A are the centroid and area of polygon XYMN, respectively. In Fig. 3b , the coordinates of points X, Y, M, N are (x 0 y 0 ), (x 1 y 1 ) (x 2 y 2 ) (x 3 y 3 ), respectively. In accordance with Fig. 3b , the values of these coordinates are as follows: x 0 = (a-b), x 1 = a, x 2 = x 3 = 100 and y 0 = y 3 = 0, y 1 = 1, y 2 = MN. The MN value was obtained from the rule of similarity of triangle, discussed below. Here, D YOZ and D MNZ are always right angled triangles. Therefore, the rule of similarity was employed here and values of MN were obtained (shown below). The centroid of polygon XYMN was found by putting all the values of coordinates in Eq. (7) . Thus final equation of Y a of polygon XYMN has been derived and reported by us 
Defuzzified values for ranking of samples and their quality attributes
The relative importance of four quality attributes (viz., aroma, color, homogeneity and flowability) was obtained from their defuzzified scores. The defuzzified scores were compared with the six point sensory scales of linguistic parameters, i.e., not satisfactory, fair, satisfactory, good, very good and excellent (Fig. 2) , which are classified by following number ranges: 10, 10-30, 30-50, 50-70, 70-90, 90-100, respectively. In order to judge all the samples on each day of storage with respect to all quality attributes (aroma, color, homogeneity and flowability), the defuzzified scores were considered in this comparative study, instead of S m . The defuzzified scores of all samples were calculated using Eq. 
Shortcoming of the procedure for ranking of the samples by similarity principle
The overall sensory score (obtained as a single triplet) was fitted into the six point sensory scale (referred to as standard fuzzy scale) employing similarity analysis. Calculation of S m is very time consuming owing to complexity of its calculation. S m for the irradiated oil samples were calculated employing overall membership function values of sensory scores and values of membership functions of standard fuzzy scale. Standard fuzzy scale, viz. not satisfactory/not at all necessary, fair/somewhat necessary, medium/necessary, good/important, very good/highly important and excellent/extremely important was designated as F1, F2, F3, F4, F5 and F6, respectively ( Fig. 3) . As per Fig. 3 , the values of membership functions are defined by a set of 10 numbers, elaborated in (9). The membership function of a triplet (a b c) has been presented graphically in Fig. 3 . According to Fig. 3, for the triplet (a b c) , the value of membership function is 1 when the value of abscissa is 'a' and (a + c) > 100] lies in its simplicity.
Validation of the newly developed equation
The conclusion derived from the results of newly developed equation (Eq. (8)) was validated from results of similarity value and also by odor profile analysis of the irradiated oil samples using e-nose (ENOVISION, C-DAC). The signal responses (DR/R) of the irradiated coconut oil samples, obtained from Fig. 3. 3 (a) Graphical view of overall sensory score as triangle ABC when the value of (a+c) is less than 100, the triangle XYZ lies within the sensory scale interval [0, 100], (b) Graphical view of overall sensory score as polygon XYMN when the value of (a+c) is greater than 100, a part of the triangle XYZ lies beyond the interval 0 to 100. e-nose analysis have been reported by our research group [3] . Validation by S m was carried out by standard fuzzy and sensory scales.
Ranking of quality attributes of irradiated coconut oil samples based on defuzzified scores
The triplets of sensory scores for four quality attributes (aroma, color, homogeneity and flowability) in general, were calculated using Eq. (1). Sensory scores, triplets associated with these scores of quality attributes of irradiated coconut oil samples and relative weightages of all quality attributes are presented in Table 2 . Defuzzified scores for four quality attributes of each sample were calculated using Eq. (3) ( Table 3 ). The Y a values for aroma and homogeneity were obtained as 75.00 and 50.00, respectively. These results illustrated that aroma had received the highest importance in sensory acceptance followed by sample homogeneity. The defuzzified scores for other two quality attributes (color and flowability) were 8.33 and 25, respectively. Therefore, the following trend of preference of quality attributes of the irradiated coconut oil samples can be arrived at using linguistic representations of standard sensory scale.
Aroma (highly important) > homogeneity (important) > flowability (somewhat important) > color (not at all important)
Defuzzified scores of deodorized coconut irradiated oil samples and sample ranking
The sensory scores of five samples w.r.t four quality attributes (aroma, color, homogeneity and flowability) on each day of storage have been presented in Table 1 .The triplets associated with sensory scores were determined using Eq. (1). Defuzzified scores for the stored irradiated-coconut oil samples were evaluated using Eq. (3) or Eq. (8), depending on the value of (a + c). For example, triplets of overall sensory score of IVCO 1 on day 0 (SO1 0 ) were found to be (24.57 32.08 45.56) from Eq. (2). Here, (a + c) = 70.13 (<100). Therefore, Eq. In case of IVCO 1 and 2, defuzzified scores (Y a ) declined gradually up to day 40 (Table 4) , meaning that sample acceptance with respect to all quality attributes deteriorated with time. Y a values of IVCO 1 (27.22) and 2 (26.16) were found to be maximum on day 21 of storage period. It implied that the above two samples reached almost saturation level of deterioration on the said day. For IVCO 4 and 5, the defuzzified scores declined in a similar manner as those of IVCO 1 and 2 with a variation in slope (Fig. 4) . From Table 4 , it was found that the defuzzified scores of IVCO 4 and 5 were obtained under category 'satisfactory' up to day 14, which came down to 29.40 and 28.98, respectively on day 21 under category 'fair'. Therefore, 4.5 kGy and 5.0 kGy dose levels did not show effective deodorization effects in irradiated coconut oil samples with time, especially with respect to its rancid-acid aroma. Comparing the defuzzified scores of all the five samples on each day of storage study, it was observed that only IVCO 3 underwent continuous improvement with time, implying that 4.2 kGy dose level had effectively deodorized the oil sample with time. The defuzzified scores for IVCO 3 became high from day 28 onwards, i.e. 70.21 on day 28 and 74.70 on day at 40, respectively (both under 'very good' category). The defuzzified scores for the rest of the samples were found to be below 50 throughout the study period and therefore they were under categories of 'fair' or 'satisfactory'. Thus, it was established that 4.2 kGy irradiated coconut oil sample alone had good sensory acceptance specifically with respect to deodorization (aroma) from day 28 onwards as had been inferred from our studies using e-nose (discussed later).
Validation of new developed equation by similarity principle
Values of overall membership function (B x ) and similarity values of five samples (IVCO À1, 2, 3, 4, 5) on each storage day were calculated using Eqs. (10) and (11), respectively. For example, the triplet of overall sensory score of IVCO 1 at day 0 was found as (24.57 32.08 45.56), i.e. a = 24.57, b = 32.08, c = 45.56. Using the value of this triplet in Eq. (10), the values of membership function for IVCO 1(at day 0) was obtained as B1 0 = (0.5582 0.8700 1 0.8720 0.6525 0.4330 0.2135 0.0000 0.0000 0.0000). Similar values for other samples on each day were evaluated using Eq. (10) and is presented in Table 5 . Subsequently, S m values of all five samples (IVCO-1, 2, 3, 4, 5) were calculated using Eq. (11) ( Table 6 ). The bold values in Table 4 signify that defuzzified scores of IVCO 3 were found to exceptionally increase from day 21 compared to the rest of the samples (IVCO 1, 2, 4 and 5). In addition, the summation of first and third coordinates of overall sensory score of IVCO 3 was found to be greater than 100 from day 21 onwards until day 40. The S m values of both IVCO 1 and 2 were under "satisfactory" category throughout the period of the study. The similar trend was followed by IVCO 4 and 5 from day 21. IVCO 3 had the highest S m under "good" category up to day 21. However, on day 28, S m value was found to be maximum and therefore attested the VCO sample to "very good" category which remained unaltered until the last day of the study (day 40). These findings (obtained from defuzzified scores and S m analyses) revealed that IVCO 3, i.e. VCO irradiated at 4.2 kGy had no objectionable odor and therefore was sensorically highly accepted. This was in agreement with our previous findings [3] and we had reported that deodorization in this sample was owing to radiolysis of octanoic acid in the same.
Validation of new developed equation against our previous finding by e-nose technology
The new developed equation for deriving defuzzified scores under condition (a + c) > 100, unambiguously concluded that VCO sample irradiated at 4.2 kGy on day 28 of storage was the best quality sample, in complete agreement with the findings of sensory evaluation and e-nose technology [3] .
From the above discussion, it can be concluded that the results of similarity value and the e-nose analyses were in agreement with that obtained by the new developed equation of fuzzy logic analysis. As per the new equation, the defuzzified scores were evaluated and it's corresponding descriptions implied that IVCO 3 was regarded as 'the best' with respect to deodorization (quality attribute: aroma) which was effective from day 28 of storage Similarity value analysis also designated IVCO 3 as 'very good' in terms of deodorization in accordance with six point standard fuzzy scale. This conclusion was further proved by the e-nose signal responses (DR/R) of the irradiated coconut oil samples. This new developed equation can be widely adopted for ranking food samples unambiguously, rapidly and reliably, without any conflict with similarity value and e-nose approaches. It evades the complexity in evaluating defuzzified scores of samples, compared to use of similarity values.
